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Y B o X

OBa KibWIa HUje HM J0MpKa 3ajaTaka HM HEKM yoOUYajeHH YUOGEHUK,
alld y HEKOj MepM jecTe M jedHO M ApYyTo, Ta H Tpehe : y HOj MMa U
MCTpaXMBAYKUX MIEja, MUCIM O TOME Kako C¢ MAMEMamuka u npasu.
Ta ’pasHocT’ je pasyior WTO KiWI'a HOCH Ha3uB Pazruue.

EB0 HEKMX HBEHUX OCHOBHMX OMJIHKA!

(1) TlomeHyTH 3aialld MaXoM HHCY O OHMX koju ce Hajiemhe
cpehy mo 36Kpkama, Beh MMa JOCTa HOBUX, CBEAMX.

(ii) MaTeMaTHKa ce He M3Jake Kao HEmTo WITO je Beh TIOTIYHO
rOTOBO, 3aBPUIEHO , T CTOT'a HaMa IIPEOCTaje CaMo [a TO CBE yI1MO
¥ Hayd91Mo. HacyrpoT ToMe CTallHO je PUCyTaH TPYA fa ¢e MoKaxe
Jla ce OHA MOKC TIPABUTH, [a j¢ OHa -CI0BONHMje PeTeHO- U HU6d. C
THM Y CKJIafly M3NOXEHC CY HEKe MCTpaknBatiKe uzeje, Mehy Kojum
3HAYajHO MeCTO MpMIiafa T3B. Udeju nperoca (eum. Hanomeny
14.1). Hase, 9ecTo ce yKasyje Ha Heke CTBApH, paHuje yieHe, Koje
Ccy y HoGpoj MepH CBOjeBpCHE 3aliyze. A TakBe 3a0iyme Cy HaM
'ybalyBaHe y IjiaBy’ Kad Hall y3pacT "Huje 6o mopactao’ GOIBIM
U MaH€ YKOICHUM 00 jalllieibiMa.

(#i5) Y KiBM3M je M3TOXEHa M T10 Koja HOCETKa, ali y 1o j TIPETEXHO
ce MIe 33 TMM Ja ’ce YNO3Hajy WTO OMINTHJC MHCAOHE crase’ ¥ Kao
IUIOX [a ce MCKaXy pasHe TIpaBUIIHOCTH. Tako, MMa OIMTE MpHTe O
CTPYKTYPH PCAIHHX Opojepa, O peuiaBakby Ma KakBUX CUCTEMA JH-
HeapHMX jefiHAIMHA WM HEjeIHATHHA, O pelaBarby MpaloHaIHIX
jemHaUMHA (@iM HEe caMo Ha yoOMiajeH HaTHH Beh M Ha MHOI0
OMmTHjH), O HEIMMAJICKOj METOMM 3a TPaxcHe peasiHor pemena
JaTc jenHatuMie (pelyMo, 3a ‘Baherse’ Tpeher KopeHa 13 2), uTL.

Kisura je HaMercHa TpodecopuMa ¥ HaCTaBHMILMMA MaTEMATHKE, BUILLIC
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3auH

o :epeconannM haiMa, nia ¥ cTyneHTMMa. Y cTBapH M He caMo HiMa

: H})) JeAHA OX HEHMX GMTHMX OWIMKA CY MOCTYITHOCT M ¢JI0 JEBUTOCT; IIa y
J CKOpO CBako 3a cefe MOXe TI0 HemTo Hahu J

ga O;paJy RCTMM lla c¢ 3aXBalMM peliecH3eHTHMa CBeTosapy Munuhy u
nobomany Byjuhy Ha xopuchum mpumenSama u cyrectijama.

Cnasuma B. TIpemnh

YKpaTKo o caapxkajy:

JennaxocHu Hokasu (Pa3 1- 5). 3aKOH 3aMeHe 3a jeNHaKocT (BUA. (13.2)).

Tephemse: pealiHu GpojeBr TMHE KOMILIETHO ypeheno mone (Harmomena
44.1).

Kopyuheise TayTonornja u Bassanux gopmyna (Haromere 18.1, 18.2 xao
u Haromena 17.1) :
PewaBal¢ jeIHAYMHA, HejeNHAaTMHa, yormure Qopmysia rioMmohy OAro-
Bapajyher eKBMBAJIEHIIM]CKOT JaHIA (Pas3 18, 20, 21, 23, 26, 27, 50, 53,
54 u gp). Pewen ofmuk (Pas 30, 31, 33; Haromerne 30.1 u 30.2). Jex-
HalMHe ca KOPEHNMa -Ha CTaHIapHaH M Ha OMITHM HATUH (Pas 50, 55,
56; Hanomena 55.1)

Gaus—o0B TIOCTYTIAK 3@ PEllaBaie CUCTEMA JIMHEApHMX jemxatnHa (Pas
22)

Fourier— Mot zkin MeTO[ 3a peilaBate CHCTEMa JIMHCAPHUX HejeoHadMHA
(Pa3 57, 58).

TemyMasIcKi METOR 3a /2 M WHpe y3 cTpora o0 jailikerba (Pa3 41, 42,
43, 44)

JenHa HemosHaTa a Buile jenHaduHa (Pa3 27, 35). EnuMuHanyja KsaH-
topa {Pa3s 36, Hanomena 36.1, Pas 37, 38 (Bcsa ca AHAJIMTHIKOM re-
oMmerpujom), Pas 51, 55 }

Marematnike uHaykuuje (Pas 61-69)




Pasuune, I

Crnapuma b. Hpemmh

Paz 1. ZJoxasamu jednaxocmu
1) (142)-(3+4) =21 2) 21 = (1+2)-(344) 3) 12—-(2-3) = 3-(4-14)

Peme‘ﬁe. ]y ieJIHa.KOCI neMO OKas3aTu cJIeBa-HaneCHO, 0] 4 NeEMO TIonM
]) I T IITO 3HAYU I hy h
Ol lCHE JIeBe C1 PaHE U Y HEKOJIUKO Kopaxa Je HpeoﬁpaTMTP[ y HECHY CT paHy Y CBaKOM

O THX KOpaxa ce KOpHCIe U3BECHA OCHOBHA C 0JCTBA JEIHAKOCTHU. .Ie,I(aH CJIeBa-HaIeCHO
B I

(1+2)-3+4) = 3-(3+4) Jepl+2=3
=3 Jlep34+4=7
= 21 Jep3.7=21

2) Ca, j
) Calla OYMITeDHO HMje CACBUM TOMECHO MpaBUTH HOKa3 clieBa-HadecHo, Beh moKas
34ecHA-HAJeBO. JelaH TakaB HOKA3 TJIACK )

(1+2)-3+4) =3-(3+4) Jepl+2=3
= 3.7 Jep3+4="7
= Jep3-7=21

Be
KO :ona.'mo CTe NIPUMETHITH Jia CMO Y CTBADM TIPETIMCAITH TIOX 1) MoMOXeHH ClleBa~HaLecHo
a3 jenHaxoctk (14 2) - (3 +4) = 21. Haume, y onmren clydajy: Ako je

A=C1=C2=..=Ck=B
c;taeeaﬂaaecn; dokas jednakocmu A = B, onda je mo YjeoHo u 3decHa-Haneso dokas
Jedrakocmu B = A. Mebytum, MoXe ce ZOTOIMTH Ia "HaM HeKo He TIpM3HA FOPHU

3IECHA -HAJIEBO TOKa3'. u Iy HMa JIKA: Y onwmem ca yuajy ”HPEIJKPel'lluIEEM) 3650”0“
. . -
Haneeso GOKGBU Hacmaje Oam'apajyhu Cﬂe@a'HaaeCHO ooka 7. I[aMMe. Ako /€

B=Cl=C2=..=Ck=4
30ecHa-Haaeo dokas jednaxocmu A = B, onda
A=Ck=..=C2=Cl1=B

Jedar caesa-nadecho dokas ucme jeduaxocmu,
Y ckmany c j j
Ay Ca yTpaBo PeYeHMM 3a jeOHAKOCT 2) jeIaH CIIeBa-HAZECHO JOKA3 TIACH:

2= 3.7 Jep21=3.7
8

= (142)-7 Jep3=1+2

=(1+2)-3+4)

llpeMma je y TwTaiy BeoMa jeLHOCTABAH TIPUMEp JIAKO ce yoiasd ciemeha omnmra

Jep7=3+4

YUHBCHULIA!

AKo 3a uzeechy jedHakocm A = B 3namo da Hanpasumo jedar 0d Ooxasa: cAeed-
HAOECHO UAU 30ECHA-HA1e80, OHOA CACEUM AGKO 00 HE2d MOXKEMO HANPAsUMU oHaj

opyzu.

3) Hu oBaj TipuMep Huje TeXaK, alid y ¥eMy Ha TIPBM IOTJICH HUje TIOHECHO TPaBUTHU
HY ClleBa-HAZecHO HU 3fieCHa-HaNeBo HoKa3. Cafla je TIONECHO KOPHCTATH OBY 3aMMHC3O0:

Padu dokaza Heke jednaxocmu A = B Modxce ce uuxumu 0eako: Ookaszamu
nonaocos oeaxee dee jednaxoemu A = R u B = R, 2¢ je R nexu uapas,
mj. doxasamu 8a cy A u B jednaku jedHoM ucmom uspasy R.

Tlokase HaT[paBTbeHe TI0 TOj 3aMMCIU 3BafieMO Ka-MCTOM JOKA3M. JenmaH TakaB LOKa3

jenHaKoCTH 3) TIach:

TMpsn meo: 12 — (2—-3) = 12-(-1)=1241=13

Tpyrs meo: 3 — (4—14) =3 —(=10)=3+10=13

Saxmyuak: Kaxo 12 — (2 —3) = 13 u 3 — (4 — 14) = 13 1o saxu jemaxoct
12—(2—-3) :3-—-(4— 14).

Huje Temko yBUOETH Ia ce M Ma KOj¥ Ka-MCTOM HOKa3 MOXe JIaKo “TIpeTOYUTH” Ha
ofropapajyhy ciieBa-HaZleCHo, OIHOCHO 3IleCHa-HaJIeBo A0Kas.

Hanomena 1.1. o caga cMo ce CPeIH ca T3B. jeOHAKOCHUM LOKa3UMa,
4ija Kpaha MMeHa cy: ClieBa-HalecHo, 3ACCHA-HAIICE0, 1 Ka-MCTOM.

Pa3 2. Hokazamu jeoHakocm
a(b+c)? + b(c+a)? + c(a+b)? —dabe = (b + ¢)(c+a)(a+b)
20e cy a,b,c MG Koju peanHu 6pojesut ’
Pememe. Pany Jaxmer WafiaTaia yBOIMMo clielielie o3HaKe:
L =a(b+c)? +b(c+a)?+c(at+b)®—4abe; D= (b+c)(c+a)(a+bd)

WsaGpann oMo ciosa L, D jep cy To ToHeTHa CTIoBa peyi JIEBH, JCCHH. Y ckmamy ca
THM O3HAKAMa HAll 3a7aTaK je Ja HokaxeMo jemmakoet L = D.

! lpyKuuje ce Xaxe [a je HaTa jefHakocT MOEHTHTET y OMHOCY Ha CKyI R cBUX
peanHuX Gpojesa




Pasuuite, 1

Cnasuma b. Hpemuh

TIIpBu HaYMH: 3aMMCA0 je 'Ka-UCTOM’ L0Ka3 (pumery Pas 1). Haume, cpennMo mspase
L, D, 1j. obasuMo cra MHoxeHa, caMpama M OLYsMMaHa KOja HAM Ce TOKOM

cpehupama Gyny mojabuma. Tako, (b + ¢)? femo samerury ca b? + 2be + 2, u
cit. Tako uMamo:

L = a(b? + 2bc + ¢2) + b(c? + 2ca + a?) + c(a? + 2ab + b%) — 4abe
= ab? + ac® + bc? + ba? + ca® + cb? + 2abe

D = (bc+ ba + c? + ca)(a + b)
= bea + b%c + ba? + b2a + c%a + ¢2b + ca? + abc
= ab? + ac? + bc? + ba? + ca? + cb? + 2abe

Bynyhu na cy L u D jemHaku McToM Mpasy sakibyuyjemo ma Baxu jemnaxoer L = D).
Kpaj moxasa.

Y Besu ca WRNIOXKEHMM pemerseM LoLajMo M 0Bo. Y CKIally ca eKBUBAJIEHIIUjOM
L=D & L-D=0

HOKa3 CMO MOTJIN BOAMTH M oBako: Ilohu ox pasmuke L — D, oGasuTH cpehusame u
Kao 3aBPMHH pe3ynraT he ce mojasuru ().

Dpyri HawuH: xopumherseM HeKMX YHIEHMLA 0 TIONHHOMMMA,, OIIHOCHO OBLE 0 KBAIpaT-
HUM TPUHOMMMA. PasMMmIBaMo 0BaKo:

HlecHa cTpaHa HaTe jeJfHAKOCTH je IATa y PACTABILEHOM OGIIHKY: Kao TPOM3BOL OI
TPY NUHEapHa YMHMOLA. TlocMaTpajMo je Kao MoMMHOM TI0 @. OZMax BUIMMO Ia
Cce TIOHUMTaBa XaJa @ = —b ¥ Xama @ = —¢. YKomuko Baxu jemrakocr L = D
WCTO CBOJCTBO Mopa MMATH M ¥eHa Jiea crpada L. To ce jlako mposepasa. Tako
axo @ = —b 3a wpas L mmamo

L=(=b)(b+c)>+blc—b)? +4b%c =0 (kpahum cBohemeM)

Cmrino ce nobuje L = 0 u xama a = —c. Ilasme pacyhyjemo opako. Mapas L,
TJeaH Kao TIOIMHOM TIO @ je KBAIPaTHU TpUHOM. Bynmyhu ma cy My —b u —c
KOpeHH To 33 L Mopa BAaXUTH jeXHAKOCT 0GIHKa

L=K(a—(-b)(a—(-¢).1i L=K(a+b)(a+c)

rie je K meros xoeuumjent ys wnan a2, Ani, ckopo Ha TIPBM TIOTIIET Ce BIIN A
Taj xoeQuuMjeHT w3HocH b+ ¢. U Tako samerom K ca b + ¢ ox mwpasa L ommax
Hactaje wspas D. Kpaj moxasa.

Hanomena 2.1. Viapasu L u D uMajy jenHy noceGHOCT: 06a Cy CIMETPHUIHA
no a, b, c. To gonywe HUCMO KOPHCTHIIM, ali Ja Ce PELMMO JOTOLMJI0 Ha
JemaH ol BUX jecTe a APYTH HUje CUMETPHIAH Tala GMCMO MOITIHM OIMaX
SaKJbyIUTH Ia jemHakocT L = D He Baxu. IIpuMepa padu oBa jeNHAKOCT

10

(a-+-b)-(b—+-c)-(c+a):az-‘]—2bz+3c2
He MoXe BAKUTH 3a CBe pealiHe Gpojese a, b, c.
Paz 3. Hexo kaxce da je Heede gudeo UdeHmumem 00AuKa

(a2 +b*) (22 +y*)+ K = (ay-— bz)?

20e je K Heku u3pas, aau O ce He Modke cemumu Koju je mo u3pas.
Iomozume my u odpeoume maj K.
Pememe. I1pocTo, JATYy jeNHAKOCT CXBATHMTE Ka0 jeXHaIHHy IO K ¥ rioTpaxute Ta.
Haxow xpaher patyra ce noonje K = —(az + by)?.

Hanomena 3.1. HMako je TpeTXomHM MpUMep MPUIWTHO JeMHOCTaABAH o;{
CagpXy jemHy Majly METONONOWKY HAC)y. HaumMe, mopex oxonHoc;n ic
MM MOXEMO pelliaBaTyl TOCTAaBIbCHE 3ajaTKe - W MHOI'H ,CaMO TaKo u yie
MaTeMATHKy - MOXEMO IOKyllaBaTM Ha TpPOIPEMO y MHCAOHM CKJIOH
[0jeMHMX 3aJaTaka Tako WTo heMo caMM MPaBUTH CIHTHE 33[aTKE.

Pas 4. Zokazamu jedHakocm \/ 3 + V5 + V3- V5 = V10

j aMO:
Pememe. Pemom ca L, D o3Ha¥uMOo JieBy Y JeCHY CTPaHy Te JeXHAKOCTH. Tapa vM

2
2=3+v5 + 3—-+v5 + 2vV3+v6V3-+6 =10, D*=10

Bunumo 1a L2 = D2, 1a nomrto ¢y L, D takohe NosUTUBHM GpojesH, TO mxmyqyje)tdo
jenmaxoer L = D. TlompoSHuje peueHo, KOPUCTHIIA CMO OBY YCTIOBHY €KBUBAJIEHLM]Y:
(4.1) I?’=D* © L=D (Yxomnko L, D > 0)

Hamomena 4.1. Kao wro ce u3 Tor IpumMepa BUOM TOPCI 10O cau; yi-
O3HATHX 3aMMCIM JOKa3¥Barba jeQHAKOCTH MMaMo U cnenehy. Ja oucmo
doxazaau Heky jeonakocm L = D 0060/b6HO Je Jokazamu Heku Yca08, HeKy

gopmyay Uslov aau makag 0G 6axcu umnaukayuja: Uslov = L=D.
Y HapeIHOM 3aJaTKy yIO3HajeMO jour jemaH -MaJjlo CJIORCHMjU- MPUMEP

IOKa3HBama jeXHAKOCTH.

Paz 5. Jokazamu jednaxocm +/20 + 14v2 + /20 — 142 = 4.

j a
Pememe. Kopucrumo perom osHake L, D 3a ey X JecHy CTpaHY Te JeLHAKOCTH. Tam

¥MaMO:

I3 =920+ 14v2 + 20— 142

+33/20 + 14v2 Y20 — 14V2(V/20 + 142 + V20 -14v2)
5 [P =204 14v2 + 20— 14v2 +3V/20 + 14v2 20-14v2 - L
omaXiTe 3aK/byyjeMo ma L samoBorsasa 0By I -jeIHavnHy

11




Pasuure, I

*) z3 = 40 4 6z

ITpoBepoM ce sakibydyje Ia je meHo pememe D, oxnocro 6poj 4. Kopucruhemo Ty
OKOJIHOCT Mia pelMMO Ty KYOHY jeIlHaYMHy M Y3 TO TIPOBCPMMO Ha JIM HeHa pemena L

u D mopajy ma ce mokiorne. 3aucta,npso heMo pactaBMTH MomMHOM 3 — 62 — 40
Xaxo CleIu:

z3 -6z —40 = 2% — 6z — 40 — (4% — 6 -4 — 40)
= (2% —43) — 6(z —4)
= (z — 4)(z? + 4z + 16 — 6)
= (z — 4)(z® + 4z + 10)

Ha ocrosy Tora sakibyvyjemo ma jennaunna (%) uMa osa Tpu pemena: 4, —2+iv/6

OI XOjUX CaMo jeHo peasiio ¥ To 4. AJH, U peanaH 6poj L joj je pememe. Enem, Mopa
BaxuTH jenHaxoct L = 4. Kpaj moxasa jemmaxoctu L = D).

(Omysenu cmo 'Hymy’)

Pa3z 6. Iokazamu ycaosnu udenmumem, odHocHo UMNAUKAUUJy
Axko a+b+c=0 ouda a®+ b + ¢ = 3abe (a,b,c €R)

YIyTeTBO. Y CKIaly ca YMHEHMIOM L4 ce ycros @ + b+ ¢ = 0 Moxe PEmUTH Tio
JjenHoj om poMeHIBMBMX @, b, € IATH YCIOBHY MOEHTHTET ce MoXe TNpeBeCcTH Ha OOMYaH,
OIHOCHO GesyCloBAH MHEHTHTeT. PeliuMo, pemasameM ycimosa @ + b+ ¢ = 0 ro ¢
Io0ujeMo ¢ = —a — b a TaTH YCIIOBHM ce CBOIM Ha 0Ba ] Ge3yCIOBAH:

a®+ 63 — (a +b)® = —3ab(a + b)

KOjU ce Nako KoKaayje.

(@,b €R)

Hanomena 6.1. Yormre, Ha cnvran nawuH ce gokasyje MMIUTHKaLHja o6HKa:
(PIANP2... APr) = Q
yxonuko yenioB P1AP2 ... APr MokeMo pemuTH (10 HeKMM BeroBHM TIPOMC HIBUBHM).
Pa3 7. Loxazamu umnauxayuje
s=a+b+c = (as+bc)(bs + ca)(cs + ab) = (b + ¢)*(c + a)2(a + b)?
(a+btct+d=A, a+b—c—d=B, a—=b+c—d=C, a—b—c+d= D)
=) [ab(a®+b?) = cd(c?+d?); AB(A24 B2) = CD(C?+ D?)]

Pas 8. Kaxo0a ce nodecko, wmo o06de 3Hauu Oez ynompete KeaOpamHoz
Kopena, 3adanu ycaos a® + b? = 1 pewu no npomensueum a,beR ?

Pememe. 3amucao je ciemelia. Axo ce, cI0GOIHMjE peveHo, kpeheMo T0 XpyXHULU
TIOY€eB O BeHe Tauke A “y cMepy cynpoTHOM KazassiiM YacoBHUKa” (BMA. 1LpTeX), OHIA
HaM je TIOJN0Xaj y CBAXOM TPEHYTKY oipeheH omropapajyhinm YTIIOM «.

12

Cnasua b. TIpemnh

(a,6)

el
D
1

CXOHO TOME MOXEMO TIOMHUCIIUTH I3 10CTOj¢ HEKE JiBC PyHKLHje f’-? TaKo 2 Baxe
jenmaxocth @ = f(a), b= g(a). Y crmapu, Taxee aBe @yuxuu{e cy Beh peoMa
qypeHe y MaTeMaTHLK; ped je o QyHKIHjaMa sin u cos. Taxo, Baxe jeIHAKOCTH
(*) a = cosx, b=sina
Y cTBapH, TaKO CMO Beli CTHIJIH 10 jemHOr pemerna ANATKA.
HaroMeHa 8.1. JemmaxocT ofanka (%) Tauio peweHo MM 0B&j CMIC0
AKo je (x Ma KOjH PeaAsH 6poj’, onna a, b ompehenn jenmxoc‘r'um (%)
JALOBOIBABA Y JERHAKOCT a? + b2 = 1. Ocparno, axo peaxHu GpojesK @, b
JALOBOJEABAJY TY jeBHAKOCT OHGS TIOCTOJH Peaxax Gpoj 0 TAKAB DA Daxe
jeanaxoct (*).
Hmajyhin To Ha yMy oGpaciue (*) MOXKEMO ~CA HOCTR CHMANEHMM mpuuhen.euo;:un-
MK8
FIBOCTH KAKO CReMM. Y CTBAPK, MPoSAeM je KANO HOKAATH MMILTRKB LUK JY
(x¢) a®+b*=1 = (3a € R) (a = cosa, b = sina)
rae 3 je nOruNKM KGGHMOP, KoMt Y OGHNHOM JeIUKY OHroBApAjy peuK r‘lzcmo./l.l,
3d HEKU W CX. 3aKCTA, M3 jeOHAKOCTH a’+b% = 1 ssxnywyjemo na 38 6p<1)1<3;)02q1y
za saxe Hejeanaxoct 0 < b2 < 1, ounxxne moSujamo mejemnaxocT —1 = 0 2 L.
M cana xopucTHMO 080 noMohno Tephene (nemy): '
Jlema 8.1. Ako je z peaaar Opoj (YKmyuHO) gu«el)y -lul ou.aa no;lan(;;/;
oap jedaH peanar Opoj o MaKag da eaxcu jeauaxqcm z = sina. J3 M
dooajemo Oa mehy maksum o nocmoju MauHo jedan 00 HBUX Koju g
x
(yKkroyuno) usmely —5 U 3 . .
TIpema Toj JieMM, 6poj b je M3pasns y o6nuky b :Zsma, ca HEKHM a. o
jennakocth a? 4 b? = 1 jaKo HobuUjaMo a* = cos’c, ONAKJIC MMAMO I
ciydaja:

0 4=
1° a=cosa 2" a=—cosx

j j rna
3Taj peanaH Opoj je y CTBapH MeEPd onrosapajyher reoMeTpHCKOr Yy

13




Pasuune, I

— .

;’Ocnyqa Jy 1° mmininkaumja (++) ce ooMax gokasyje. MehyTim y ciysajy
MMaMo OBE IBE j =- =si g

o a0 _n JeMHAKOCTH @ = —cosa, b= sina. YBeanMo HOB yrao

caf = 7.r—’af. Ca TiM yrioM o' mperxonHe jeDHAKOCTH Tiperase

Yy oBe IBe a = sina’, b= cosa’, 1uMe ce 3aBpwasa Gokas TBphera (%%).

Ioxa JMo ma y TBphemy (%) 3HaK = cMe GUTH 3aMeHeH 3HAKOM <. Joll
OTHITHj€, BAX! OBa €KBMBAJICHIIMja

(8.1) a?+b2=r2 & (Jae R) (a = rcosa, b= rsina)
(a,b,r cy Ma Koju peanHH GpojeBn)
Paz 9. [loxaszamu umnauxayujy
2,32 _
(af +07 =1, a3+ b2 =1,a1a0+ biby =0) = ayb; + asby =0
20e ¢y ay, az, by, by Ma koju pearnu 6pojesu.
Pememe. VanoxutieMo IBa HauMHa: jemaH kopumhemeM ekBuBaneHuje (8.1), n npyru

‘mc(;‘o anreGapcko-JoTHikW HatuH. Ilpsu he y cTBapu 6uTH OupeKman a apyru
UHOUpEKMAH, omroctio xopumhemem vneje reductio ad absurdum. Tpsyu Haumu:

Hajnpe younmo ciiemehn MMIUTMKALM]CKI TTaHALL
(af +0} =1, a3 482 = 1,a1a3 + byby = 0)
= a6y = cosa,by = sina,a; = cosf, by = sinf,ajas + bibs = 0
(a, B cy mexu peannu Gpojesu (sum. (8.1))
= cosacosf + sinasinf = 0
= cos(a—p)=0
(Koprmhere T06po T03HaTe TPHTOHOMETPHCKE Jopmye)

A calla panu HOKasa jemHakocTv aiby + ashy = 0, KopumhemeM HeKMX OCHOBHMX
TPHIOHOMETPHUjCKMX JopmyJia, 06aBUMO OBaj ”padyH”:

aiby + azby = cosasina + cosBsinf

— l . - .

= 3(sin2a + sin2B) = sin(a + B)cos(a — ) =0
Jep cMo Beh wssenn jemaxocr: cos(a — () =0
Taxo ce NIpBUM HAYMHOM 3aBpliaBa HoKas. JIpyeu HGYuH:

Ma 6ucMo I0Kasaliy DaTV MMILTHKALIMIV 33 TheHVTak Tienanv xan P =5 () navanakown

Cnasva B. Ilpemmh

10 (12:0, 20 02#0
¥ mpsom citytajy (K on) ce cponu Ha:
a? + b3 =1, b2 =1, biby =0, aib #0

Taxo je “mocabati” Te YopMydie, Tj. W3 BUX M3BECTH HEKY TIPOTABPETHOCT. 3aucra, 13
npyTe n Tpehie jeIHAKOCTH 3aKIby4yjeMo JjemHaxoCT by = 0, xoja ce ouurnenso csaha
ca “pasmuanromhy” a1by # 0. Tako ce saBpmaBa J0Kas y TIPBOM ciydajy.

¥ mpyroM ciydajy Hajnpe u3 Tpehie jeXHaKOCTU moGujamMo: a1 = — QaLbz-z Ta jemnakocT
HaM momymTa MoryhHoeT Ta @ wobaummo u3 (K on). Ha TakaB HayWH OX (Kon)
Tocne Xpaher “paiyHa” HacTaje 0Ba HOBa KOHjyHKLIMja

b2(a} +b3) =a3, a3+b3=1, (af—bD)b2#0
MehyTUM M3 TIpBe U JipyTe jeOHAKOCTH CledH jemHaKoCT b2 = a% X0ja je OYMIJIEHO
TIPOTUBPEYHa ca pasnmuiuTomhy (a3 —b23)by # 0, wume ce saBpmaBa KOKa3 1 y APYToM

cIydajy.

< Pas 10. Hoxazamu umMniukawujy

(a2 +0b2=1, a"2’+b%:1,ala2+b1,b2_—_0) = a+di=1

' Paz 11. Y xBusu I C. MoneHopa: COOpHMK 3afad IIo crienuaibioM
' Kypcy QJIEMEHTApHOM MaTEMAaTHKH, Mocksa 1957 mooe ce Ha cmpanu 9,
noo Gpojem 4 Hahu u caedehu zadamak:

Iloxazamu da u3 jednakocmu a+ b+ c =0 caede jednaxocmu
S48 4c® _ a®4b04c® | a’4b24®
5 - 3 2

a3 + b3 + 3 = 3abe,
Pa3 12. Illma yonwme 102UUKU 3HGUU peulumu Heky JeOrauuty, Kao Ha
npumep 2+ z = 5, 20e & Moolce OUMU HekU peanan opoj ?

OnroBop. JegaH HatMH ONTOBAPaKA j¢ osaj. TIpBo, 3aMHCIINMO, Ja T Ha CcBe Moryhe
Ha¥MHe JaMeIby jeMO PA3HHM peaTHUM GpojeBiMa, Xao: 1,2,m, V2,1 /3, wra. Ipyro,
jemvauuny 2 + = = 5 cXBATMMO Kao0 'Kajyll TioMolly Kora TaKBUM 3aMEHMBATHMA

HacTajy, TipaBe ce pasHe ompeheHe jeMHaKOCTH Kao

(x) 24+1=5,2+2=5, 947=5 24v2=5,2+1=5, v













































































































































